Investigation of equivalent frame modelling for seismic analysis of unreinforced masonry buildings with flexible diaphragms by Nakamura, Y. et al.
ACCEPTED VERSION 
 
Y. Nakamura, H. Derakhshan, A.H. Sheikh, M.C. Griffith & J. Ingham 
Investigation of equivalent frame modelling for seismic analysis of unreinforced 
masonry buildings with flexible diaphragms 
Mechanics of Structures and Materials XXIV: Proceedings of the 24th Australian 




© 2017 Taylor & Francis Group, London, UK. Used with permission. 
"This is an Accepted Manuscript of an article published by Taylor & Francis in Mechanics of 


























Accepted Manuscript (AM) 
As a Taylor & Francis author, you can post your Accepted Manuscript (AM) on your personal 
website at any point after publication of your article (this includes posting to Facebook, Google 
groups, and LinkedIn, and linking from Twitter). To encourage citation of your work we 
recommend that you insert a link from your posted AM to the published article on Taylor & 
Francis Online with the following text: 
“This is an Accepted Manuscript of an article published by Taylor & Francis in [JOURNAL 
TITLE] on [date of publication], available online: http://www.tandfonline.com/[Article DOI].” 
Email confirmation also received 29/6/2017: 
Thank you for your enquiry, which was forwarded to me for further handling. Please find our 
guideline for self-archiving below: 
- Authors may upload the ‘Accepted Manuscript’ (AM) chapter to a personal or departmental 
website immediately after publication of the book - this includes posting to Facebook, Google 
groups, and LinkedIn, and linking from Twitter.  
- Authors can also post the AM chapter to an institutional or subject repository or to academic 
social networks like Mendeley, ResearchGate, or Academia.edu after an embargo period of 12 
months.  
Please make full credit to the source file, including a copyright notice: ‘(c) 2017 Taylor & 
Francis Group Ltd., London, UK. Used with permission.’ 
 
19 March 2018 
1 INTRODUCTION 
 
Unreinforced masonry (URM) buildings make up a 
substantial proportion of existing building stock, and 
continue to pose large seismic risk in many parts of 
the world. In evaluating their seismic vulnerability, 
efficient numerical models are required, that are ca-
pable of simulating the inelastic building behaviour. 
The equivalent frame modelling procedure (Magenes 
& Della Fontana 1998) has been shown to be a 
promising practical approach capable of simulating 
the salient response mechanisms of URM buildings, 
without incurring the large computational penalty of 
finite element analysis.  
The equivalent frame idealisation considers the 
in-plane response of a wall as comprising of deform-
able pier and spandrel elements connected to nodes, 
which may have rigid offsets (Fig. 1(a)). The mini-
mum deformable length of the piers (spandrels) is 
commonly assumed to be dictated by the smallest 
height (width) of adjacent openings. Alternatively, to 
account for the deformability of the node panels, the 
deformable length of piers may be extended (for ex-
ample, making use of 30° lines emanating from the 
corners of the door or window openings) as shown in 
Figure 1(a). The piers and spandrels are conceptually 
represented as elastic frame members with lumped 
nonlinearity capturing the shear or rocking failure 
modes (Fig.1(b)). 
The two-dimensional equivalent frames can be 
used to simulate the global three-dimensional re-
sponses of buildings, by assembling the equivalent 
frames connected at the floor levels by diaphragms 
(Lagomarsino et al. 2013). In such three-dimensional 
models, floor and roof diaphragms are often treated 
as stiffness contributing elements but do not have 






















Figure 1: Equivalent frame idealisation and typical failure 
modes 
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ABSTRACT: A case study was conducted to investigate the applicability of equivalent frame modelling for 
the nonlinear time-history analysis of unreinforced masonry buildings with flexible diaphragms. The dynamic 
responses calculated from the equivalent frame models were compared against shake table test results of a 
full-scale two-storey stone masonry building. The investigated modelling approach reflected the simplifica-
tions commonly assumed for the global analysis of buildings; namely, considering the diaphragms to behave 
elastically and neglecting the stiffness and strength contributions of the out-of-plane responding walls. The 
sensitivity of the analysis to different idealisations of the equivalent frame and diaphragm stiffness values 
were also investigated. Discussions are provided on the accuracies and limitations of the investigated model-
ling approach, which may serve as a useful guidance for practical application. 
However, it is well recognised that the in-plane mo-
tions of flexible timber diaphragms can dominate the 
response of these buildings. Despite the importance 
of the dynamic characteristics of flexible dia-
phragms, the accuracy of an equivalent frame analy-
sis incorporating such behaviour has not been inves-
tigated in detail so far. The aim of this paper is to 
explore the applicability of the equivalent frame 
modelling approach for the prediction of the global 
response of URM buildings with flexible dia-
phragms, considering various modelling limitations 
currently faced by practising engineers. To this end, 
a relatively simple numerical model based on com-
monly accepted assumptions is investigated. Specifi-
cally, the diaphragms are represented by elastic 
membrane elements, while the out-of-plane wall 
stiffness and strength contributions are neglected. 
Dynamic test data of a full-scale stone masonry 
building with strengthened timber floor and roof 
(Magenes et al. 2014) is used to verify the potential, 
and to identify the limitations, of the simplified 
modelling approach. While the analyses are con-
ducted using TREMURI (Lagomarsino et al. 2013) 
with certain modelling concepts specific to that pro-
gram, results reported in this paper have general ap-
plicability. 
2 CASE STUDY BUILDING 
 
A two-storey stone masonry building with a timber 
floor and a timber roof diaphragm tested at EU-
CENTRE (Magenes et al. 2014) was analysed in this 
study. This is a retrofitted building (Fig. 2), whose 
diaphragms had been strengthened with a layer of 
diagonal timber boards nailed to the original single 
straight sheathing. The connections between the 
floor/roof diaphragms and the walls were also 
strengthened by steel ring beams at the floor level, 
and a continuous reinforced masonry ring beam at 
the roof level. These strengthening measures ensured 
the global building behaviour to take place, while 
still allowing some level of diaphragm flexibility.  
The building was tested under shake table excita-
tions using the motions of the 15 April 1979 Monte-
negro earthquake measured at the Ulcinj-Hotel Alba-
tros station. The nominal peak ground acceleration 
(PGA) was gradually increased from 0.05g to 0.7g, 
for which the actual acceleration (peak) of the table 
motion varied from 0.06g to 1.16g. In this paper, the 
excitation levels are referred to by the nominal PGA. 
The response of the building was almost elastic up 
until the 0.5g excitation. Significant cracking ap-
peared during the 0.6g test sequence, followed by the 
near-collapse state with the 0.7g excitation. A de-
tailed description of the response characteristics of 
the building can be found in (Magenes et al. 2014). 
3 MODELLING APPROACH 
3.1 General Description 
In equivalent frame modelling, each wall is idealised 
as equivalent plane (2D) frame members consisting 
of piers and spandrels. These members are connect-
ed to nodes at their two ends, with each node having 
in-plane local degrees of freedom. Three-dimension 
nodes (3D wall nodes) are used at the intersections 
of walls to model box-type behavior. However, the 
contributions of out-of-plane stiffness and strength 
of a wall that are usually small compared to its in-
plane stiffness and strength are neglected. The com-
patibility of the two intersecting walls is strictly sat-
isfied for the vertical translation, but not for the hor-
izontal translational or the rotational components. 
This modelling concept allows the direct adoption of 
the 2D equivalent frame idealisation developed for 
the individual walls in isolation. In this way, flange 
effects at wall intersections associated to normal de-
formations are captured in an approximate manner, 
allowing free warping of the flanged section, where-
as no flange effect is captured for shear deformation. 
 
 
Figure 2: Construction details of tested building, dimensions 
in cm (Magenes et al. 2014) 
 
The diaphragms are modelled with plane stress or 
membrane elastic elements where the element node 
(2D diaphragm node) consists of two in-plane (hori-
zontal) translational degrees of freedom, which per-
mit a linear variation of displacements within an el-
ement. These elements are defined by the Young's 
modulus, shear modulus, and the thickness of the di-
aphragms. In this study, four elements are used to 
model a single diaphragm, which is the simplest 
possible idealisation that can capture the vibration 
characteristics of the diaphragms. 
 
The nodal masses are assigned by considering sim-
ple tributary areas for inertial (horizontal) loads, 
(Fig. 3). It should be noted that distributing the mass 
in this manner does not provide the correct internal 
force distribution under gravity loading. Thus, addi-
tional static nodal forces (vertical forces and mo-
ments) are applied in order to obtain the correct 
gravity forces prior to the dynamic analysis. 
3.2 Macroelement properties 
The inelastic behaviours of the piers and spandrels 
are simulated using the macroelement definition of 
TREMURI (Penna et al. 2014). The macroelement 
captures the axial-rocking behaviour accounting for 
the limited compressive capacity and the stiffness 
and strength degradations under shear deformation, 
as governed by an internal damage parameter. The 
material properties used in the present analyses (Ta-
ble 1) were obtained from the results of complemen-
tary component tests as part of the experimental 
campaign (Magenes et al. 2010). 
 















2537 841 3.28 0.14 0.14 
 
3.3 Analysis cases 
In order to explore uncertainties associated with the 
choice of modelling, four different analysis cases 
were considered. These cases corresponded to two 
different idealisations of the equivalent frame defini-
tions, and diaphragm stiffness values calculated us-
ing two different approaches. 
The two equivalent frame idealisations of the 
walls oriented in the direction of loading are shown 
in Figure 4. The first idealisation corresponds to the 
“full” rigid offsets of the nodes where the rigid zones 
extend across the full width or the depth of pier and 
spandrel. The second pattern reflects the actual crack 
patterns of the tested building, capturing both the 
initial damage suffered during the transportation of 
the building as well as the crack pattern observed 
from the final stage of testing (reported in a subse-
quent section of this paper). 
In addition to the equivalent frame idealisations, 
two sets of diaphragm stiffness values were consid-
ered. The first values (D1) corresponded to the ex-
pected diaphragm stiffness suggested by ASCE 41-
13 (ASCE 2014). The second stiffness values (D2) 
were calculated more rigorously using the procedure 
proposed by Brignola et al. (2012), by considering 
the timber joists to act as flexural beams in parallel. 
In the latter approach, the interior joists were as-
sumed to be pinned at wall connections, while the 
end joists were fixed, with the fixity provided by the 
perimeter ring beams. 
 
(a) Distribution of floor mass 
 
(b) Distribution of wall mass 
 
Figure 3: Tributary areas for the distribution of the mass 
 
In addition, the steel beam and the uncracked portion 
of the masonry wall, as observed from the final test 
run, were also considered to provide additional stiff-
ness for the floor diaphragm. For the roof dia-
phragm, the perimeter reinforced masonry beam was 
included in the stiffness calculation. 
The four models analysed were:  
 Case 1: full rigid offset with D1 
 Case 2: full rigid offset with D2 
 Case 3: cracked pattern with D1 
 Case 4: cracked pattern with D2 
4 ANALYSIS OF RESULTS AND DISCUSSION 
 
The accuracies of the numerical models were studied 
by comparing the predicted results against the 
experimental data in terms of the modal properties 
and peak displacements. 
 
 
Figure 4: Equivalent frame idealisation of longitudinal walls 
 
The modal properties are presented in Figure 5 and 
Figure 6 for the experiment and numerical results 
respectively. The same number of significant modes 
in the direction of excitation were identified from the 
experimental results and the numerical analysis. The 
fundamental mode of vibration in the direction of 
excitation is reasonably well captured by all analysis 
models. It can be seen that the increase in the dis-
placement value up the height of the building is bet-
ter captured when the diaphragm stiffnesses are cal-
culated using the more refined procedure (Cases 2 
and 4). In particular, the closest fundamental mode 
shape is achieved by Case 4. In general, the numeri-
cal models exhibit larger deformations of the dia-
phragms relative to the walls, and underestimate the 
fundamental frequency in comparison to the experi-
mental result. 
In contrast to the fundamental mode, the higher 
modes are not captured so well. The out-of-phase vi-
bration of the floor and the roof diaphragms is more 
pronounced in the numerical analysis compared to 
that observed experimentally (2nd significant mode). 
The 3rd experimentally observed mode resembling 
the rotation of the diaphragms as a rigid-body could 
not be identified by the numerical models. The high-
est significant mode shape found in the experiment 
appears to be a mixture of the two highest modes 
predicted by the numerical models.  
The larger diaphragm displacements and the re-
duced torsional rotation are due to the lack of cou-
pling between the diaphragms at adjacent levels, as 
well as a lack of coupling between diaphragms and 
the in-plane loaded walls. This coupling is provided 
by the out-of-plane deformations of walls, which 
were neglected in the analysis. The implication is 
that the out-of-plane walls may play an important 
role (particularly if the height-to-thickness ratio of 
the wall is not large, as in the tested building), at 





Figure 5: Mode shapes and frequencies identified from ambi-




Figure 6: Significant mode shapes and frequencies from nu-
merical analysis 
 
The peak displacement envelopes found experimen-
tally, as well as numerically, are compared in Figure 
7 for the West and East walls as well as at the dia-
phragm mid-spans. The results corresponding to 
0.4g, 0.5g, 0.6g and 0.7g excitation intensities are 
shown for the four analysis cases. The general trends 
of the experimental results show that the peak dis-
placements of the walls and the diaphragms ap-
proach towards each other as the excitation intensity 
increases. This trend is captured by all numerical 
models also. In general, the sensitivity of the analy-
sis to the diaphragm stiffness is small, although the 
elastic response (0.4g and 0.5g intensities) is affect-
ed to some degree. The discretisation of the equiva-
lent frame appears to have more importance. The 
upper storey displacements of the West wall are bet-
ter captured by Cases 3 and 4 in the elastic range, 
implying that the equivalent frame idealisation based 
on the cracked pattern provides a better correlation 
with the experimental data. However, when signifi-
cant inelastic response occurs during the 0.7g excita-
tions, no significant differences of these responses 
predicted by the four different models are found, and 





Figure 7: Comparisons of peak displacement envelopes 
5 INFLUENCE OF DIAPHRAGM FLEXIBILITY 
 
The sensitivity of the building response due to rela-
tively large diaphragm flexibility was investigated 
numerically. Using the analysis Case 4, the stiffness-
es of the floor and the roof diaphragms were reduced 
from their original values (D2) to 0.005 times the 
original values. Figure 8(a) shows the peak dis-
placement variations of the West and the East walls 
at the roof level (  and  respectively) as 
well as the peak deformation of the roof diaphragm 
mid-span relative to the walls ( ). The results cor-
respond to the 0.6g excitation, and are plotted 
against the average diaphragm period ( ) of the 
floor and the roof. The diaphragm periods approxi-
mately corresponding to the diaphragm stiffness D1 
(Table 2) and the lower-bound stiffness suggested by 
ASCE 41-13 (ASCE 2014) are also indicated. It can 
be observed that the diaphragm flexibility has signif-
icant effects on the seismic demands of the in-plane 
response of walls. In particular, for the West wall, 
which is more flexible, a displacement amplification 
of 220% is observed between the as-built diaphragm 
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Figure 8: (a) Effect of diaphragm flexibility on wall dis-
placement and roof deformation; (b) normalised spectral accel-
eration and displacement, plotted against the average dia-
phragm period Td subjected to the 0.6 g excitation. 
 
Such amplification is due to two factors associated 
with flexible diaphragms; namely, (1) the variation 
of the diaphragms’ inertial forces and (2) reduced 
coupling between the walls when the diaphragm are 
flexible. The effect of the first factor can be seen in 
Figure 8(b), where the spectral acceleration of the 
0.6g table motion is plotted with respect to the dia-
phragm periods (normalised with respect to values 
corresponding to the original diaphragm). The com-
parison between the spectral accelerations and the 
peak wall displacements indicates that the wall dis-
placement amplifications occur when the spectral 
accelerations (or inertial forces) of the diaphragms 
are amplified. Once the spectral acceleration is re-
duced for  greater than approximately 0.7 s, the 
peak wall displacement is also reduced. The peak in-
ertial force of the diaphragm hence directly affects 
the displacement demands of the walls. This obser-
vation also implies that the amplification is depend-
ent on the ground motion characteristics. The second 
factor exacerbates the amplification of the weak-
er/flexible side (i.e. West wall) due to the limited 
coupling provided by flexible diaphragms in redis-
tributing the internal forces.  
It can also be seen that the peak diaphragm defor-
mation (Fig. 8(a)) closely reflects the spectral dis-
placement (Fig. 8(b)), suggesting that the diaphragm 
deformation may be estimated directly from the elas-
tic spectrum. 
However, it is questionable if the diaphragm defor-
mation actually matches the spectral displacement 
when the diaphragm is overly flexible, without caus-
ing instability of the out-of-plane responding walls. 
Further studies are needed to investigate the effect of 
the dynamic response of the out-of-plane walls (par-
ticularly for the two-way spaning walls) on the 




In this paper, results of a case study are reported on 
the applicability of the equivalent frame modelling 
approach for URM buildings with flexible dia-
phragms. Reflecting the current modelling practice, 
the diaphragms were considered to remain elastic 
and the out-of-plane wall stiffness and strength con-
tributions were neglected.  
The simple modelling approach was able to cap-
ture, with reasonable accuracy, the fundamental 
mode characteristics and the evolution of the peak 
displacements as the excitation intensity increased. 
On the other hand, the higher modes were not as ac-
curately simulated. 
More consistent displacement predictions were 
achieved when the equivalent frame idealisation re-
flected the actual crack pattern. 
For the case study building, the analyses did not 
indicate large sensitivity to the diaphragm stiffness 
values. When the diaphragms were made relatively 
flexible, however, the numerical models indicated 
the potential for significant sensitivity, including 
amplification, of the wall displacements due to the 
diaphragm stiffness values. 
The analyses also revealed that perhaps the most 
significant limitation of the investigated modelling 
approach is the omission of the out-of-plane walls. 
The discrepancies in the mode properties were iden-
tified as primarily due to the lack of out-of-plane 
wall stiffness. The interaction between the out-of-
plane responding wall and flexible diaphragm is also 
expected to play an important role as the diaphragm 
flexibility increases. In such cases, a numerical mod-
elling approach capable of simulating the two-way 
spanning out-of-plane walls, including finite element 
modelling, may be preferred. 
7 ACKNOWLEDGEMENTS 
 
This work was supported by the Australian Research 
Council, through the grant DP120100848. The first 
author received financial support through the Aus-
tralian Postgraduate Award. The authors would like 
to thank Prof. Magenes, Asst. Prof. Penna and Dr. 
Senaldi from the University of Pavia and EUCEN-
TRE for their suggestions on the numerical model-
ling of the experimentally tested building. The au-
thors would also like to thank Prof. Magenes for 
reviewing the original manuscript.  
8 REFERENCES 
 
ASCE 2014. Seismic evaluation and retrofit of existing build-
ings ASCE/SEI 41-13. American Society of Civil Engineers, 
Reston, Virginia. 
Bringola A., Pampanin S., Podesta S. 2012. Experimental eval-
uation of the in-plane stiffness of timber diaphragms. 
Earthquake Spectra. 28(4). 1687 - 1709. 
Kappos A.J., Penelis G.G., Drakopoulos C.G. 2002. Evaluation 
of simplified models for lateral load analysis of unrein-
forced masonry buildings. Journal of Structural Engineer-
ing. 128(7). 890 – 897. 
Lagomarsino S., Penna A., Galasco A., Cattari S. 2013. 
TREMURI program: An equivalent frame model for the 
nonlinear seismic analysis of masonry buildings. Engineer-
ing Structures. 56. 1787 - 1799. 
Magenes G., Della Fontana A. 1998. Simplified non-linear 
seismic analysis of masonry buildings. Proc. of the British 
Masonry Society. 8. 190 – 195. 
Magenes G., Penna A., Galasco A., Da Paré M. 2010. In-plane 
cyclic shear tests of undressed double-leaf stone masonry 
panels. Proc. of 8th International Masonry Conference, 
Dresden. 
Magenes G., Penna A., Senaldi I., Rota M., Galasco A. 2014. 
Shaking table test of a strengthened full-scale stone mason-
ry building with flexible diaphragms. International Journal 
of Architectural Heritage: Conservation, analysis and res-
toration. 8(3). 349 - 375. 
Penna A., Lagomarsino S., Galasco A. 2014. A nonlinear mac-
roelement model for the seismic analysis of masonry buid-
lings. Earthquake Engineering and Structural Dynamics. 
43(2). 159 - 179. 
Salonikios T., Karakostas C., Lekidis V., Anthoine A. 2003. 
Comparative inelastic pushover analysis of masonry frames. 
Engineering Structures. 25. 1515 – 1523. 
